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Complete numberings play an important role in computability theory:
they have an effective fixed point property, and their degrees are not split-
table, while the completion operator gives us a regular way to construct
a complete numbering αa for any numbering α : ω −→ A and any special
element a ∈ A. We continue the study of the completion operator, started
in [1].

As observed by Ershov, [2], α ≤ αa, and αa ≤ β for every numbering
β ≥ α which is complete with respect to a. In particular, αa ≡ α if and
only if α is complete with respect to a.

We prove that no minimal numbering can be complete and, for every
Friedberg numbering α, the interval (deg(α),deg(αa)) consists of incom-
plete numberings (relative to any element of A).

We show that, for some numbering α of a two-element set A, the seg-
ment [deg(α),deg(αa)] is isomorphic to the upper semilattice of c.e. m-
degrees. This is a partial solution to an open problem posed in [1].
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